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line. Let us, for the sake of convenience,, speak of such questions as belonging to the realm of integral geometry. We obtain in this way, with our two fundamental groups, four kinds of geometry: differential and integral projective, and differential and integral metrical geometry. Of these only two have been systematically developed, viz.: integral projective and differential metrical geometry. In the nature of things differential geometry is more easily accessible than integral geometry. For, the relation between, the two is precisely that of the differential to the integral calculus. From the properties of differential geometry those of integral geometry may be obtained by integration, a process which requires the invention of special methods for every particular case. If, therefore, we can speak of an integral projective geometry as existing it is nevertheless only in a very special sense. In fact, the configurations of projective geometry have in almost all cases, been assumed to be algebraic, a restriction which amounts to an a priori integration. Leaving the algebraic cases aside, it is clear, therefore, that integral geometry, taken in the general sense, must be preceded by differential geometry. The metric half of this latter subject has been occupying the attention of mathematicians since the days of MONGE and GAUSS, and, in the hands of their successors, has reached a high degree of perfection. But the same cannot be said for projective differential geometry, which is the subject of these lectures. Of course we find, in the papers devoted to metrical differential geometry, also some results which are of a projective character. A systematic treatment, however, of questions of projective differential geometry has been given so far only for curves and ruled surfaces. In this first lecture I shall give a brief account of the theory of curves from this point of view, confining myself to generalities. In the remaining three lectures I shall treat, somewhat more in detail, the theory of ruled surfaces^ both on account of the greater novelty and the greater interest of this latter theory.
Consider a homogeneous linear differential equation of the nth order